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Abstract—This paper presents a selective magnetic resonant
wireless power transfer (WPT) system, consisting of a transmitter
(TX), a tunable intermediate-resonator, and a receiver (RX). In the
proposed WPT system, the tunable intermediate-resonator can be
either a relay resonator or an intermediate-RX by varying its variable resistance, demonstrating the flexibility of the intermediateresonator to be used for different topologies and applications.
This flexibility will enable the proposed WPT system to transfer
maximum energy efficiency to various distances between the TX
and the RX, to longer distances for the WPT relay system and
to shorter distances for the intermediate-RX system. In this case,
the WPT intermediate-RX system has a larger power transfer
efficiency than the WPT relay system.
Index Terms—Wireless power transfer (WPT), intermediateresonator, magnetic coupling, power transfer efficiency.

I. I NTRODUCTION
Nowadays, there are lots of devices that can be charged
wirelessly by using wireless power transfer (WPT) systems.
In fact, the WPT systems have opened up an avenue for
the betterment of people’s life and provided customers with
convenience and comfort, and therefore have a wide variety
of practical applications, e.g., biomedical implants [1]−[3],
portable devices [4], [5], electric vehicles [6]−[8], to name a
few.
Non-radiative WPT has attracted considerable interests recently due to its high efficiency for delivering power to electric
loads. That is to say, the non-radiative WPT is a technology
based on near-field magnetic coupling between a transmitter
(TX) coil and a receiver (RX) coil within a distance less than
a wavelength. It can be classified as a magnetic inductive WPT
[9], [10], which is normally used for short-range applications up
to about several millimeters to centimeters, and a magnetic resonant WPT [11]−[13], which has been applied to significantly
enhance the efficiency and range of WPT compared with the
magnetic induction (MI).
With magnetic resonant coupling, the total reactive power
consumption in the system is effectively declined due to resonance and therefore high power transfer efficiency is achieved
over longer distances than the conventional MI. For this reason,
the magnetic resonant WPT has significantly drawn attention. In
[13], [14], theoretical analyses and experiments were carried out
on non-radiative WPT via strongly coupled magnetic resonance
over a distance of around 2 meters. In addition, magnetic

resonant WPT has been widely studied, and more experiment
and simulation results have been conducted in recent years
[15]−[18]. Lots of researches, e.g., into WPT relay systems
[19]−[23], multiple TXs and RXs [24]−[29], magnetic beamforming [30], [31], have been reported in the literature.
In this paper, a tunable intermediate-resonator deployed
between a TX and a RX for near-field WPT systems is investigated. A variable resistance is applied to the intermediateresonator for tuning. As a consequence, a WPT relay system
or an intermediate-RX can be realized by varying the variable resistance of the intermediate-resonator, which indicates
a flexible approach for selective magnetic resonant WPT systems. Therefore, we can transfer energy efficiency to various
distances between the TX and the RX.
This paper is arranged as follows. Section II provides the
system model of the proposed magnetic resonant WPT system.
Section III presents mutual coupling effects of adjacent and
non-adjacent resonators on the proposed WPT system and
determines theoretical analyses. Section IV draws conclusions.

II. S YSTEM M ODEL
Fig. 1 illustrates the schematic and equivalent circuit model
of the proposed magnetic resonant WPT system, which is comprised of a transmitter (TX), a tunable intermediate-resonator,
and a receiver (RX). VS is source voltage and RS is source
internal resistance, which both are connected to the TX. Ri ,
Li , and Ci (i = 1, 2, 3) are internal resistance, self-inductance,
and capacitance connected in series to resonator i, respectively.
In addition, the Ci is the capacitance that makes each resonator
i resonate at the same resonant frequency (fo ) given by
1
1
1
=√
=√
(1)
L1 C1
L2 C2
L3 C3
p
where ω is the angular frequency. Mij = kij Li Lj (i, j =
1, 2, 3; i 6= j) is mutual inductance between resonator i and
resonator j, and kij is magnetic coupling coefficient between
resonator i and resonator j. This magnetic coupling coefficient
has a reciprocal property, i.e., kij = kji . Ii is ac current in
resonator i, which generates magnetic fields. Rva and RL are
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the variable resistance of the intermediate-resonator and the
load resistance of the RX, respectively.
The intermediate-resonator of the proposed WPT system
is able to be either a relay resonator by setting the variable
resistance equal to zero, Rva = 0, or an intermediate-RX
by setting the variable resistance equal to the load resistance,
Rva = RL , and in this case we have two RXs in order to
increase the power transfer efficiency compared to once we use
the relay resonator. In fact, we aim to employ the intermediateRX for shorter distances and the relay resonator for longer
distances between the TX and the RX, d13 , for a given distance
of d12 . As a result, a selective near-field WPT over various
distances is achieved by using a tunable intermediate-resonator.
The variable resistance Rva can be easily implemented by a
switchable binary weighted resistor bank, resulting in tuning
the Rva .
The circuit equations of the proposed WPT system in Fig. 1
can be obtained by using the Kirchhoff’s voltage law (KVL)
and, therefore, determined by
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jωM12 jωM13
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where the equivalent input impedance, Zi , in each resonator is
defined as
1
),
Z1 = RS + R1 + j(ωL1 −
ωC1
1
),
Z2 = Rva + R2 + j(ωL2 −
ωC2
1
Z3 = RL + R3 + j(ωL3 −
).
(3)
ωC3
III. M AGNETIC C OUPLING E FFECTS
We will now consider the effects of magnetic coupling of
adjacent and nonadjacent resonators on the power transfer
efficiency of the proposed WPT system.
A. The Effects of Magnetic Coupling of Adjacent Resonators
Considering only the mutual coupling of adjacent resonators,
the circuit equations in (2) can be rewritten as
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As a consequence, using (4), the current in each resonator
can be expressed by
VS
,
I1 =
2 Z
ω 2 M12
3
Z1 + ω2 M 2 +Z
2 Z3

Fig. 1. (a) Schematic and (b) equivalent circuit model of the proposed selective
magnetic resonant WPT system.

As we mentioned in the previous Section, two different cases
(i.e., a WPT relay system and a WPT intermediate-RX system)
have to be included for evaluating the magnetic coupling effects
of adjacent resonators on the maximum efficiency of the WPT
system in Fig. 1. First, we consider a WPT relay system by
setting Rva = 0. Generally, the efficiency, η, is defined as the
ratio of the dissipated power in the load to the total input power.
Therefore, the efficiency of the WPT relay system is given by
RL |I3 |2
(RS + R1 )|I1 + R2 |I2 |2 + (RL + R3 )|I3 |2
RL | II13 |2
=
.
(RS + R1 ) + R2 | II12 |2 + (RL + R3 )| II31 |2

η=

(5)

(6)

For WPT relay systems which have equal distances, d12 =
d23 , and a given overall distance d13 equal to 60cm, the
maximum efficiency occurs at the resonant frequency and
transferred powers have a roughly symmetrical shape around
the resonant frequency [32].
Second, if we set Rva = RL , we will have a WPT
intermediate-RX system, which its efficiency can be defined
as
Rva |I2 |2 + RL |I3 |2
(RS + R1 )|I1 |2 + (Rva + R2 )|I2 |2 + (RL + R3 )|I3 |2
Rva | II12 |2 + RL | II13 |2
=
(7)
(RS + R1 ) + (Rva + R2 )| II12 |2 + (RL + R3 )| II13 |2

η=

23

jωM12 Z3
· I1 ,
I2 = − 2 2
ω M23 + Z2 Z3
ω 2 M12 M23
I3 = − 2 2
· I1 .
ω M23 + Z2 Z3

|2

where Rva |I2 |2 and RL |I3 |2 are the power delivered to the
intermediate-RX and the load, respectively. Ri |Ii |2 is the power
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loss in the TX or RX parasitic, and RS |I1 |2 is the dissipated
power in the TX.
With the given parameters of the resonators (i.e., Ri , Li ,
and Ci ) in the proposed WPT system, the mutual inductances
between every two resonators can be obtained by the distances
between the resonators. As a consequence, the power transfer
efficiency can be expressed as a function of the operating
frequency, the distances of every two adjacent resonators and
the load, which is determined by
η = f (ω, d12 , d23 , RL )

(8)

therefore, we can optimize the WPT system based on (8) [32].
If resonators are in over-coupled region, which meant that
mutual coupling between the resonators is strong (k12 or k23
is large enough), the frequency splitting will occur [33], [34].
In fact, the original resonant frequency will be split into
several different frequencies, and, therefore, the transferred
power and the maximum efficiency will be observed at the
split frequencies rather than the original resonant frequency.
Once the intermediate-RX and the TX are in proximity, the
split frequencies can be approximated as
ωo
ωo
,√
(9)
ωsplit = √
1 + k12
1 − k12
where k12 < 1 [34]. From (9), it can be observed that by
increasing the magnetic coupling coefficient, k12 , the transferred power and, thus, the efficiency at the resonant frequency
declines dramatically, making the degradation of WPT systems.
According to [35], the maximum power transfer efficiency
of WPT intermediate-RX systems is always larger than that of
WPT relay systems, for a given distance of the intermediateresonator and the RX (i.e., d23 ). Whereas, this condition is
achieved once the optimal position of the TX is closer to the
intermediate-RX compared to the relay resonator, as the quality
factor of the relay resonator, (Q = ωL2 /R2 ), is far larger than
that of the TX/RX, (Q = ωLi /(RS,L + Ri )), provided that
the source/load resistance is large enough. In fact, the distance
between the TX and the RX, d13 , for the WPT relay system is
longer than that for the WPT intermediate-RX system.
B. The Effects of Magnetic Coupling of Nonadjacent Resonators
Using (2) and considering the cross-coupling between the
TX and the RX, the current in each resonator can be expressed
by
VS
2 Z +ω 2 M 2 Z −2jω 3 M M M
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nonadjacent resonators for an equally spaced WPT relay system
(d13 = 60cm), the maximum power transfer efficiency is not
observed at the resonant frequency and also the transferred
powers do not have a symmetrical shape around the resonant
frequency [32]. However, the power transfer efficiency can be
improved by finding the optimum frequency, distances, and the
load resistance (refer to (8)). According to these optimization
conditions, the maximum efficiency will be achieved if the relay
resonator is closer to the TX when the RL is small and closer
to the RX once the RL is large [32].
The same condition will happen for a WPT intermediateRX system. In fact, the maximum power transfer efficiency
will occur at the split frequencies (refer to (9)) when the
cross-coupling of nonadjacent resonators is included or the
distance between resonators is small [36]. However, the mutual
coupling of nonadjacent resonators will be ignored if the
distance between nonadjacent resonators, d13 , is relatively large
(e.g., larger than the diameter of the resonators) [32], [35].
Furthermore, there is a reactance compensation method [37],
in which the cross-coupling of nonadjacent resonators can be
eliminated even if d23 is short. By connecting the compensatory
reactance term X̃i to the resonator i, (2) can be rewritten as

   
Z1 − j X̃1
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To compare (11) with the equation in (4), where the crosscoupling of nonadjacent resonators is neglected (k13 = k31 ≈
0), in order to equalize the two equations, the compensatory
reactance terms can be easily given as
I3
X̃1 = ωM13 · ,
I1
X̃2 = 0,
I1
X̃3 = ωM13 · .
(12)
I3
IV. C ONCLUSION
A selective near-field wireless power transfer (WPT) system
for having maximum power transfer efficiency is proposed in
this paper. A tunable intermediate-resonator using a variable
resistance is deployed between a transmitter (TX) and a receiver
(RX) to improve efficiency as well as distance. The proposed
WPT system is very flexible, since by varying the variable
resistance, the intermediate-resonator will convert into either
a relay resonator or an intermediate-RX. The relay resonator
and the intermediate-RX will be utilized for longer and shorter
distances between the TX and the RX, respectively. As a result,
the energy efficiency will be transferred to various distances for
the proposed WPT system.

(10)

Similarly, the two cases should be considered for assessing
the cross-coupling effects on the maximum efficiency of the
WPT system. With the consideration of the mutual coupling of

jωM23
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